
CORRIGENDUM TO “ON THE EMBEDDING OF LEVI-FLAT
HYPERSURFACES IN THE COMPLEX PROJECTIVE PLANE

(AND AN APPENDIX WITH LÁSZLÓ LEMPERT)”
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The purpose of this corrigendum is to correct a computation error in the
proof of Lemma 4 of [1]. The results of the paper are unchanged.

Lemma 1 ([1, Lemma 4]). There exists a holomorphic vector field Y on
CP2 and a ∈ CP2 such that

∥Y (a)∥gFS = max
x∈CP2

∥Y (x)∥gFS

and a is a strict maximum for ∥Y (·)∥gFS .

Proof. Consider the vector field Ỹ = z0
∂

∂z1
+ z0

∂
∂z2

on C3\{0} and let

Y = π∗(Ỹ ), where π : C3\{0} → CP2 is the canonical map. If z0 ̸= 0 and
ζ1 = z1/z0, ζ2 = z2/z0 are non-homogeneous coordinates

π∗(Ỹ ) =
∂

∂ζ1
+

∂

∂ζ2
.

Since for z0 ̸= 0

gFS =
1 + |ζ2|2

(1 + |ζ1|2 + |ζ2|2)2
dζ1 ⊗ dζ1 +

1 + |ζ1|2

(1 + |ζ1|2 + |ζ2|2)2
dζ2 ⊗ dζ2

− ζ1ζ2
(1 + |ζ1|2 + |ζ2|2)2

dζ2 ⊗ dζ1 −
ζ1ζ2

(1 + |ζ1|2 + |ζ2|2)2
dζ1 ⊗ dζ2,
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we have

∥Y ∥2FS = gFS

(
∂

∂ζ1
+

∂

∂ζ2
,
∂

∂ζ1
+

∂

∂ζ2

)
= 2Re

(
1 + |ζ2|2

(1 + |ζ1|2 + |ζ2|2)2
+

1 + |ζ1|2

(1 + |ζ1|2 + |ζ2|2)2

)
− 2Re

(
ζ1ζ2

(1 + |ζ1|2 + |ζ2|2)2
+

ζ1ζ2
(1 + |ζ1|2 + |ζ2|2)2

)
= 2

2 + |ζ1|2 + |ζ2|2 − 2Re(ζ1ζ2)

(1 + |ζ1|2 + |ζ2|2)2

≤ 2
2 + |ζ1|2 + |ζ2|2 + 2|ζ1||ζ2|

(1 + |ζ1|2 + |ζ2|2)2

≤ 2
2 + |ζ1|2 + |ζ2|2 + |ζ1|2 + |ζ2|2

(1 + |ζ1|2 + |ζ2|2)2
= 2

2(1 + |ζ1|2 + |ζ2|2)
(1 + |ζ1|2 + |ζ2|2)2

=
4

(1 + |ζ1|2 + |ζ2|2)

with equality if and only if |ζ1| = |ζ2| and ζ1ζ2 ∈ R−. So for ζ1 = ζ2 = 0,
∥Y ∥2FS = 4 and it follows that

max
x∈CP2

∥Y (x)∥gFS = ∥Y ([1 : 0 : 0])∥gFS = 4

and [1 : 0 : 0] is a strict maximum for ∥Y (·)∥gFS .
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